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RENCONTRES DE THEORIE SPECTRALE ET GEOMETRIE GRENOBLE 1991 (Aussois du 7 au 14 avril)
A new example of an isospectrally deformable solvmanifold and the geometry of the déformation If not all of the $ t are inner automorphisms, then in gênerai the déformation is nontrivial.
Most of the research that was made in the following, generalizations of the above construction as well as geometrie descriptions of special examples, concernée! only the nilpotent case.
In particular, there was only one explicit example, of an isospectral déformation of a solvmanifold that was not a nilmanifold ([GW], example 2.4 (iv)).
But in the 9-dimensional Lie-algebra fl which was used for the construction of this example, those commutators which were "responsible" for the existence of almost inner, non-inner dérivations and those which were responsible for the nilpotency of the Lie-algebra were quite independent of each other.
So I constructed a second example, starting with a 5-dimensional Lie-algebra S that is defined as follows : Q is spanned by the vectors X\ % Y\ y X 2% Y 2^Z% and the nontrivial commutators are
Let (p be the dérivation of g which maps Y\ to Z and the other basis éléments to zero. Then one can check that $ t := exptip is a family of almost inner automorphisms.
The simply connected Lie-group G corresponding to g is diffeomorphic to R 3 and admits a uniform discrete subgroup. I constructed such a subgroup, F, in a similar way as Gordon and Wïlson did for their 9-dimensional example. Let g be the leftinvariant metric on G that makes the above basis éléments of g orthonormal. Then by the theorem cited above, (T \ G, $J</) is an isospectral déformation (of a solvmanifold that is not a nilmanifold).
